Cantor sets and cyclicity in weighted Dirichlet spaces
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Abstract

We treat the problem of characterizing the cyclic vectors in the weighted
Dirichlet spaces, extending some of our earlier results in the classical Dirich-
let space. The absence of a Carleson-type formula for weighted Dirichlet
integrals necessitates the introduction of new techniques.
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1. Introduction

In this paper we study the weighted Dirichlet spaces D, (0 < a < 1),
defined by

D, = {f € hol(D) : Dy (f) = %/D\f’(z)ﬁ(l —[2?) dA(2) < oo}.

Here D denotes the open unit disk, and dA is area measure on ID. Clearly
D, is a Hilbert space with respect to the norm || - ||, given by

1£1la = £ (O)]* + Da(f).
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