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Abstract. Let D be the Dirichlet space, namely the space of holomorphic functions on the unit

disk whose derivative is square-integrable. We establish a new sufficient condition for a function

f ∈ D to be cyclic, i.e. for {pf : p a polynomial} to be dense in D. This allows us to prove a

special case of the conjecture of Brown and Shields that a function is cyclic in D iff it is outer and

its zero set (defined appropriately) is of capacity zero.
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E-mail address: ransford@mat.ulaval.ca

Date: 17 September 2008.

2000 Mathematics Subject Classification. primary 30H05; secondary 46E20, 47A15.

Key words and phrases. Dirichlet integral, Dirichlet space, invariant subspace, cyclic function, outer function,

logarithmic capacity, Brown–Shields conjecture, Bergman-Smirnov exceptional set.

The research of the second author was supported in part by ANR Dynop. The research of the third author was

partially supported by grants from NSERC (Canada), FQRNT (Québec), and the Canada research chairs program.
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