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Abstract
We illustrate a technique from the theory of entire functions by proving the following
variant of a result of Allan about power growth in Banach algebras. Let a be an element
of a unital Banach algebra, let m ∈ Z+ and let α ∈ (0, 1). Then∥∥am

(
(1 + a)n − (1− a)n

)∥∥ = O(eεnα

) (n→∞)

for all ε > 0 if and only if limn→∞ n1/α−1‖an‖1/n = 0.


